The purpose of this note is to prove Theorem 1, and to indicate some generalizations. Theorem 1 provides an alternative approach to the result (see [6, Corollary 1.2]) that the rationals are a quotient image of the irrationals.1 Theorem 1. Every countable metric space Y is a quotient image of a countable complete metric space X. S C Y -{y}). Let X = 'ZyeY Xy (the topological sum of the Ap, and let /: X -> y be the obvious map.2 The definitions imply that/is quotient. Clearly X is countable. To show that X is completely metrizable3, it suffices to show that each X has this property. Now X is a regular space with a countable base, and is therefore metrizable. Moreover, X is the union of the two discrete-hence absolute G^-subsets {y} and X -(y), so Xy is also an absolute Gs and therefore completely metrizable. That completes the proof. Our next remark will be applied in [5]. Remark 2. Theorem 1 can be generalized as follows: Suppose y is a firstcountable, regular space with a countable, closed subset A for which Y -A is completely metrizable. Then Y is a countable-to-one4 quotient image of a complete metric space.
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Proof. For each y G A, let Xybe Y with A -(y) made discrete, and let X = ^ySA Xy Then each Xy is metrizable by the Nagata-Smirnov theorem; the rest of the proof is essentially the same as for Theorem 1. 
